it is necessary 'and sufficient that the following three conditions be satisfied:
In fact, condition 1) is an immediate consequence of condition 2) and that condition 3) is necessary is triviai. As to the necessity of condition 2), we note that, if we suppose the contrary, there would exist for some $\epsilon>0$ two infinite increasing sequences of positive integers $\{m_{k}\},$ $\{n_{k}\}$ and a sequence of sets $\{H_{k}\}$ of measure tending to zero, such that
However, this is imposible by LEBFSGUF'S theorem quoted above since
Proof of the sufficiency of the conditions is clear by LEBESGUE'S theorem. Lemma Then $S_{n}^{*}(f;x)=\frac{1}{\pi}\int_{-1I}^{lI}K_{n}(t-x)dg(t)$ .
Hence $|\int_{-\iota r}^{\pi}(K_{m}(t)-K_{n}(t))f_{x}(t)dt|\leqq|\int_{H_{1}}(K_{m}(t)-K_{n}(t))(f_{x}(t)-f_{c}(t))dt|$ $+|\int_{H_{2}}(K_{m}(t)-K_{n}(t))(f_{x}(t)-f_{c}(t))dt|$ $+|\int_{H}(K_{m}(t)-K_{n}(t))(f_{x}(t)-f_{c}(t))dt|$ $+|\int_{-}^{lr_{Ir}}(K_{m}(t)-K_{n}(t))f_{c}(t)dt|
As is well known, to any function $g(x)$ of bounded variation there
and this correspondence is one to one.
First, we shall prove the sufficiency of the condition. Since the functions $K_{n}(t-x)$ are continuous and converge to $K(t-x)$ uniformly, $A(K_{n}(t-x))$ converges to $A(K(t-x))$ by the continuity of linear functionals, that is,
Moreover, by the inequality
we find that the convergence is uniform. As to the necessity, let 
